
✗ topological space .
A stratification S of X is a decomposition

✗ =¥egXx of locally closed subsets

s- t. 1%1×2 is a union of strata

rmk_ S is a poset : B.→ sniff Xx ≤ X-p
If M is a d-mfd a stratification by G

'
-submfds

is a whitneystratificatI.IR it satisfies (X,Y
strata

(A) For any (a) →y , ×,-EX, YET 5.t
.

Tx
;
X converges to V ≤TyM , we have TYYEV

(B) For lxi) in X
, lyi) in Y both converging to

y EY It. Tx; X converges to V ≤ Tym and

secant directions from yi to Xi converge to
L C- TyM, we have ↳ ≤ V

Non-exnmqles.nl
Whitney Umbrellas

¥¥¥↓



(Whitney cusp)

(A) is a micro local condition :

N*5 : = Van*Ma ≤ 1-
*
M is closed⇔ (A)

Say that Y ≤M is constructible if it is a union
of strata.

µoga Compact, constructible sets have nbhbs )micro locally close nbhds U≥ Hi N*U converges to N*X.

Proof Fix I ≤ g ≤ no , 5 a Cd -Whitney stoat,

✗≤ M an
S
-
constructible compact ,

N*X : = Um
,
≤ ✗
N*Mx

.

Then 7 a decreasing family ✗
^ of nbwds of ✗ w/

C- cornered boundary s. 1- . as 2-20 , (1) N*xn

becomes contained in arbitrarily small cornered

nbwds of N*X
,
12) N*✗ N remains disjoint from N*'s



•q•☒ ☒R*→
*

-

✗
^

Desired nbhds are

✗{= U TF
(auxiliary norm

Pa :Ta→B≥o )
my ✗ ↑

vectors of norms Ex
in the tube around Ma

cannri≤
Ioc . closed submfds v1 boundary whose Conormats

approach N*g

(apply Prop to JX = XTX
,
✗ i. = Xlvi

where Vi = nbwd of boundary)
ss(E×)=ss(lim→E✗i)eN*s


